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On Convergence of Infinite Continued FlIactions

by Kiro ISOBE

Abstract

Let {vi} be a sequence of natural numbers. The following form (1) of the sequence
{vi} is called a infinite continued fraction. '

- (1)

By= - S k=1, 2, (2)
Y| S

i
Vi 1+k

and it is convergent sequence.

In this paper, we give the following relations

52<$4<"'<$3<$1 (9)

[Ee—Er-a| < k(k 1) (8)

The conclusion drawn from these relations is the uniformuty about convergence of
infinite continued fractions. Namely, for any positive number ¢ and sequence of natural
numbers {v;}, there exists some natural number N such that

N<k, I implies [£,—&;[<e.

Furthermore, let S be the totality of all sequences of natural numbers and R be the
totality of all irrational numbers in the open interval (0, 1). We define the metric func
tion d in the space S as follows

1

d(a, b) = M (S>a, b, a= {vi}, b= {m}).

The space R is the subspace of the real line. 1In this paper, the relations between
the spaces S and R are discussed.
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